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∣
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∣

∣
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δµ(xβ1) · · · δµ(xβµ)

∣

∣

∣

∣

∣

∣

∣for βi ∈ N
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◮ This holds by Gotzmann Persistene , and Regularity thms, andThere is an elementary proof by using border basis.
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∆B a − Pµi=1 ∆B [bi |a] bi = 0 in ∆, for a ∈ SAdwhere B [bi |a] = (b1, . . . , bi−1, a,bi+1, . . . , bµ). Let it beM :=





δ1(a) δ1(b1) · · · δ1(bµ)... ...
δµ(a) δµ(b1) · · · δµ(bµ)1 1 · · · 1 

and develop its determinant along the last row of M. We get the last equalityof rows in the identity below. The others ome from developping a deteminantwith a repetead row. M 2
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∆B
∆B [b1|a]...
∆B [bµ|a]

3

7

7

7

5

=

2

6

6

6

4

00...det(M)
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7

7

7

5

.We onlude that ∆B a− Pµi=1 ∆B [bi |a] bi = 0 in ∆ sine all δj vanishes at thiselement, and they are a basis of ∆∗.M.E. Alonso Border basis: a useful tool HENRIFEST
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